is small. Clearly a^0 since h<pip0) =po-Conversely, suppose there is a nonzero idempotent e in R such that el is small. Since el EN by [l, Lemma 2.4], the right ideal (2: e) = {rER\erEl} is 2. Define a mapping g from eR onto 2?/7 by g(er)=r+2 for all erEeR. Since eri = er2 then ri -r2EiI: e) = I, g is well defined and clearly g is an 2?-homomorphism from eR onto R/I. Furthermore since eR is a direct summand of R, eR is projective and since the kernel of g is el, which is small, g is a projective cover for R/I. the properties that AC/*, xEJ* such that if K is a right ideal which contains 7* properly then xEK. Then the right i?-module xR + J*/J* is irreducible and (7*: x) = {r£7^| xrEJ*} is a maximal right ideal of R. Hence there is an idempotent e?=0 in R such that e-(7*:x)CA7'.
Since x2-x = x(x -l)EN, (x-l)E(J*: x) and e(x -1) =ex -eEN. 
Conversely

Corollary.
A ring R is local (i.e. R/N is a division ring) if and only if 1 is a primitive idempotent and every irreducible R-module has a projective cover.
Proof. If A5 is a local ring then 1 and 0 are only idempotents in R, and since N is the only maximal right (left) ideal in R, every irreducible i?-module has a projective cover. Conversely, suppose every irreducible A-module has a projective cover and 1 is a primitive idempotent in R. By Theorem 1, R/N is a semisimple ring with the minimum condition on right ideals and if x+N is a nonzero idempotent in R/N there is a nonzero idempotent e in R such that ex -eEN. Since 1 is a primitive idempotent in R, e=l. Hence only idempotents in R/N are zero and 1+N. Since R/N is semisimple with a minimal right ideal, this implies that R is a local ring.
Proof of Theorem 2. We only need to prove that if R is commutative such that every irreducible A'-module has a projective cover then idempotents modulo N can be lifted. We first prove that if x+N is an idempotent such that (x+N)(R/N) is a minimal ideal in R/N then x -eEN for some idempotent e in R. Let J* be as in the proof of There is an orthogonal set of idempotents ffli, a2, ■ ■ ■ , an in 2? such that y-(ai+a2+
• ■ ■ +an)2EN and (ai+a2+ • • • +a")2=(ai+a2+ • • • +a").
